INTRODUCTION
Let G be a finite group and let H be a normal subgroup of G which is a union of three conjugate classes of G, i.e., H s 1 j Cl h j Cl g .
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In this note we will determine the structure of H. First we give an example to show that the class of all groups G with this property is too large for classification.
1 EXAMPLE 1.1. Let G be a finite group such that S G. Then it is easy y y1 Ž . Case A. Let h g Cl g . In this case we will prove that H is an G elementary abelian p-group of odd order. Also we will prove that < < H y 1 N 1 Ž . 
We know that all nonidentity elements of H have the same order. Let p < < be a prime divisor of H . Then H has an element of order p, so every element of H has order p or 1. Hence H is a p-group in which x p s 1 for all x g H. 1 Note that H is a minimal normal subgroup of G, since if 1 / K G y and K -H, then we have
Ž .
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1 In any case, K is not a subgroup of G, but we have HЈ G and HЈ / H, y so HЈ s 1.
Let be a linear character of G. Then is a linear character of H H w x w x and hence , 1 s 0 or 1. Let , 1 s 0. This implies that
Cl h is an algebraic integer. This implies that Cl h s 1 and so
G so we have
Ž . But h q g is an algebraic integer, hence
Ž . 
H s pq and either p or q is 2.
Ž .
n n ii p N q y 1 and p y 1 N q .
Cl g s q y 1 and Cl h s p y 1 q .
G G
We summarize the results we obtained in the following theorem. Note Ž . that V n, q is the n-dimensional vector space over the field of order q. 
EXAMPLES
Finally, in this section we give some examples to show that the results of Theorem 8 cannot be strengthened. EXAMPLE 3.1. Let q be an odd prime and let n be an integer. Let ² : Ž . Z s y act nontrivially on V n, q . So there is a homomorphism : Every element of H has a unique expression of the form x r 1 x r 2 иии x r n y j , 1 2 n Ž . such that 0 F r F q y 1 and j s 0, 1. We prove that Aut H has only i
